(1) I L(s, X) I ^ Cteyτ'*-^?-', \^σ^l, where r = |ί| + 2, c = 1/6 (see, for example, Prachar [5, (4. 12)]), and in fact, c can be replaced by a constant < 1/6. An immediate application of Richert's work [6] gives x log rg, 0 <: σ ^ 1 .
Neglecting dependence on τ, Davenport [2] , improved (3):
Also, Burgess [1] improved (4) by establishing
By examining Burgess' proof, it can be seen that the constant C(ε, τ) can be taken to be C 2 (ε)π 2{1~σ) and his result can be further sharpened to yield
where ω = log q/log log q. The estimates (3), (4) , and (5) are better than (1) if q is large compared to r. For σ = 1/2, the previous estimates were improved by Fujii, Gallagher and Montgomery, [3] , who showed that if P is a fixed set of primes and q is composed only of primes in P, then 
£C(e,
In this paper we prove two more estimates which imply (1), (4) , and (5) and which are better than (2), (3), and (6) in some range of a, τ, and q. We prove: THEOREM 1. Let 1 be a nonprincipal character (modg). Let 1/2 <; σ <; 1, τ = 111 + 2 αraZ ω = log g/loglog g. Tftew
where C is some absolute constant.
1^ particular, (7) and (8) imply
The estimates of L(s, Z) for σe [0,1/2] can be obtained by using (7) or (8) and the functional equation of L(s, Z).
The author expresses his gratitude to Professors P. X. Gallagher and Lowell Schoenfeld for valuable suggestions.
2* Notation* e(f(x)) -exp (2πΐ/(as)) .
ft) = log g/log log q .
C denotes some appropriate absolute constant, not always the same. Proof. For every iV^ e [1, N] we have:
Using AbeΓs summation formula, we obtain: Proof. If X <S T/ r, then the result can be proven similarly to Corollary 2, [4] . The same method yields Proof. Let iV = τ 143 / 108 . Using the Euler-Maclaurin formula [see, for example, [5] , (1.7), p. 372]), we obtain similarly to [5] , (5.8), p. 114: Added in Proof. We would like to draw attention to a recent paper by D. R. Heath-Brown, "Hybrid bounds for Dirichlet L-function," Inventiones Mathematicae, 44 (1978), 149-170, which contains a better result than our Theorem 7.
